
 Elaborations on Lec 1718,20
Elaboratedparts are marked in the text w C
Lecture 17
Ct for Theorem onpage 2 of thelecture why thehighest
weight is dominant this is because the set of weightsofV
is closed under the Waction Each Worbit containsthe

uniquemaximal element which is theunique dominantelement
see Step 1 of theproof of Proposition in Sec 2 ofLee22

C2 Corollary on page 5 why lil is the uniqueirreducible
submodule of MA Step5 of thepreetof Theorem inthat
section show that every otherirreduciblesubmodule of MA
must be differentfrom X Let'ssay Hema Lgu Mate
This Hem is Hom Gu Iwa Inparticular due tothe W
invariance of the set of weights of Gu if the latter Homis
nonzero thenpest On the otherhand itm I thenLegal lies
in thekernel ofeveryhomomorphism Gm Mail Since Gu is
irreducible this implies the every homomorphism is zero which
completes theproof of our claim

Lecture18
3 A ofCorollary onpage4 in 1 of this Corollary we
claim that for the isomorphism GG I EG ofExample

topage
3 denote it by c we have If m f m t feela



Ms Q CIH

Co proofof 2 onpage 6 why P BSBUB P is asubgroup
containing B so is thedisjoint union ofBxBorbits For weW
the BxB orbit BWB is contained in P W T ers The

equality PsBSBHB

Lecture to
CS Lemmaonpage 5 there are also hhrelations Chih e ti j
They fellowfrom i ii hihj Chi legitD Chieffjtlej.chi.fi
ajilej.fjJ ejilej.fi O

Lecture20 thegroup WAn example21 onpagesG S Let

5 Spanh hn.ieG Spantho hn so that 55008Wehave
an embedding 540 via hitsg ein Inparticularthe real
locusbe acquires a Euclidean structure restrictedfrom 12 Then

8 e Igt via the restrictionmap5 1 1 inparticular
8 Cole is also a Euclideanspace We identifytheaffinespace
8Ale w S help by choosing the uniquepoint in 8 Cale
W hi hn.pe for the origin So f lol S lol becomes the

Euclidean space a XueD2 xp two w scalarproduct
restrictedfrom R The hyperplane hit for i t n t isgiven

by Xi Xi for i o and by xpKatt for ie Thegroup WA

y
in its action of 8 lol isgenerated by theorthogonal ref



lections about thesehyperplanes These are

Sispermutation of coordinates iz in for i e These
reflectionsgenerate WSn

So is recoved as fellows It's associatedlinearmapswaps
Xp Xn so Solly 4 AnaXn xnXukn X to for somefixed
ve S lolz Since S fixes thehyperplane X xhtt So wefind
that v 1 O o 1 hence Se x k xn Xn intd Xz Xn t t
Inparticular considertheelement so's on eSn The composition

Sasi is the translation by oe e il It follows that WAn
contains all translations by the elements of the form
o 1,0 t o and hence the translationsby all elements

ofthe lattice No ft the TL ftp tt no Hence

Wlan SnkNo
Toestablish WCA SnkM we need to showthat
SoeWKN This is because sieSn Sasi is atranslationby
an elementofMe

I


